[ecTvRE 8 : THE PELL EQuATIn : (Haprea s @

OF JSTIUWELL'r “ELEMENT? oF NvmeER TH el

[ng?/ f‘?&gi 5? g: X'?,,. r;bé}gﬁ j & ‘wasr{f aﬁb%{b

ﬂ@ﬁ[&a“a F‘\y% "
due Pe 44

Cregms: stidied xX°=A9°= 1 over IN —hryy
9:\/(./ /h.fg/’bf /nto 'fz— A ilhewisn Xz-ﬂ ‘31 = |
gives r"nﬂ&kf info N0 (he n #m?) fau’e«%
for Non sypce N Ahora is 4 Alu stfrachae A A
sel? [ we Fid ens M we cun Consdin et
muvfy. But, ? srenpla wen) P obhin firsd IN =l
Well] Profn-'ua J‘ulp mf'*‘o‘)" 'ﬂ~¢ end of Chmp-]-tfs.n;\q
)d'\{ M(IJ on R \wer &‘h._ UJ‘-MW/\# Cﬂmp/l'(“-’ltd...

$S./ SI0E AnD DrAE svaL #4
s o Y Qs 2_‘ 2. X/ o
Cla Jacae 5u/%7 of X%i2y®s) 9 Ve /'9 &~ 27

/

X: 1+ 29" 1
-\7-';—': '9,"-'2-!--\57;'-—)7. w Y —> 2o
; i i

Wana xi/lq; —s J2' wm Y —> oo
‘ﬁ; Yg- p= dfaa&énkﬁ # = Ol,'

4: X 9, Y% =rde # =5
I

V‘).' / d' =3 9 S; =2
Solf hawn b Greehs * —d;, = DJi +25,
w_‘ (%‘d—t Lolve l’d/u’f &-!4) %Eﬂ = dn ok S:

*fi'ﬁ) d,-15" = 92070 4 o -2, = (di-2s



G/nﬁ;w}éx/ @
0/1‘*"/ — J; - Qf/ 3/ g?;‘/ = d}' TL".C’
Canf/'ofvl/

din -0 = (d#3g)"= 2 (dirs)
= d 4 WVQZ-QM,-ZfL%'vLJJ"V

= . CI‘.Z.,L. ag}z
= - (di - =§")

T ; 8 2 2
gut, d-asT=l = dy =25 -l = d,~30 =]
etc.-- foe 1 = aé, hoave rvl® of Xt—av‘-:-/
Lrcationd Sopen Reds 7

T A gt en N 17 i R
‘I'F Ql"'l%\[?;at"'blm 4\4\00'\ al:a!- #6'-_.'@

Eri:s(': Suppese Pt Q, -I-b,ﬁn_: a.t-i-b,_ﬁ ond 3,;;{'

o, #a, or bFb . W b Fb Hum a-a,=b-b)7

Yw R = T;':* € @ hine =& Yeehondiny f {n'

L\{mw;u, oo, #o, thom 0,+ba =4+ b /n (mplies
O# a, - Q, '-'-(6,"61.))6- => (éJ"éL)?(" FY WA PO Annc

W:_ a,-—bdf. agw'h s Tt followy q, =4, 6, =51.//




$s.2 The quw"ﬁm x1'-§£=|

S'h//wo” mcnﬁo.nr f?'.’( }ﬂ.a AJ ‘ﬁho] @-J‘«/gf Of
AX 2 WY = | Tusk tah line dhergh (1,0) will
SQ‘PC ke Q and {\'“J ‘.hhfﬂd"‘hr ('be/)‘dv\ﬂdj.—/f'lu -'MJ

Y= &x-1)

x2 - at*(x-1)" =

2 -t (xE-x ) =
(1-24%) X"+ 44 - u’-1 = 0 el =1y

VAL VI [PV
|—&k® M=t

_ e e, Y(eat?) | L
T (‘-ZP \]('-‘bf‘) N |- 242 2

= -‘-2-( — 4t i \llﬂ" Y, )

{ =t tl"' at;)z
- L —
(ot = 3 ( I OAETATRTY )
et = L[ Yt
. :”‘ 2('}*2" \)
! i’ ! = 2t %] 1 for £ = -
“"{' %" -\ L S0 T W
d’“lﬁ‘) ﬂ ) 2*1. M
in - £ 24 -
. N (24 z_,, ] t/ 242 = a,(t,,

QX,\/) = (%‘_‘"fﬁ-:“ ) -3}_‘_—-7/ Ao ’{627




£59 wnhlived @

I ‘m (,u('(tu/’é d/'afc(f(’}?? b looh o @ -8/%
0\" Xz-— '3.\67'-:-_ - T J—UJ"’ ’Fbv\r\a‘ 0“?‘ te @

L(x,y) = (a3t g <& ) W’?

\{Ve cont Judt clear-ok HIH rra xt- 9t
1§ not h‘mf&‘n_gi“f N Il'l cna.//a./t we JSew

in Chapler 1 I Pufhey. G X497 = 2° oMrvey
eesier deancidio, rom @ — Z = gul *% /'/eu/
T Aove no clue whet H  do rext... .fe?/

}'(ﬁ Sonra \Jl-ll.\-&lo, fen ul»\hk WPAM:

£=U (xy) = 5o (v2+1, 2 "=

=z _ /! Q}\ .M .
__t___.... (xy) = ) (9/ 9} Yo w :3‘ 4
_ e/ o/
e 3/ (xvy) = -,-%-_-(19, €) alcn.J"l' elest
. | € headny
tgs' lxl.')=_%-r-(3?/ IZ) 24 ™

T, = (2

’LJ""Z bey) = 8(2%'2, 2(-,;1// ;:— - 2412

= (17, 3) T =2 =12 = 0
———t IL¢t-+—-6 =0
. ('”N! '3 l/u naxt JSol gon, W

63 3/0«?-4¢(J\ﬂir~g) = = j‘é@. = -2

¢ 3




Remork : T hove shawn hew net 4 @
 de i+ on pys. 39, New we go o~ +v
the snra Fechaigune (04 rhown on .MY/m///

Tl 37 () e X3=390'21 o torn
‘H\QM (Ks“/,] s alge o sel® o woe Let:

x3 - X,Xz.{- ‘ZY' yz
(R TXY +yx, -

2 % *= ‘+z.9—'i——'~ﬁ~w
\?!_"_"."‘. %i)uh Xo= M= and X:"?L'é):'--l

Obseeve he K3 = XX +2VY, § Ya= XY+ X we
howve:

&
XD o = (%%, 42%%) — A+ X9,

= %%+ U8+ 497 YD 4 D

C A eney, + XY, _]
XXy = XY 9L - %",

—-:l. 1 R T "-‘g %
X (s 3) - X (47) + 49, - (129 )%
Xp — 3%,

1. - (X,/‘,j,) Solver xz-;m";,

Remoch: T oid net vze 2 [VT) Rr Fa
o bowe o-rz\hﬂ\vf-'—-*. Rs You con Se2, ity ”3"6'

= (we And beter urammu..fr“,\)_

o g




» ﬂ-pp/l.cwm.n cof (xo, %) - ()Q, 9;): (3, 2) P
derve (X3, 9,) = (3% (2%, 32+ m) = (17,12)

We can chech: ’?z-—'a(l?-)z# |. Wetve
fhown ¢ 3¢L¢n J‘v/"" (?,1) con be ured H

denecale new Jol%5

?f_rj T GRwp oF Sorvrmens (For n=1)

(x+8(T)(x - 0vT) = x99 =
f‘m'\.ﬂ% (X, %) Awe lavers (X,"%).
¢ 3 ;uﬁa/up v//nuhw # X+ 2 st w‘-zv‘g)

Th® [ Strwiboc o Potitive 41% )

ke grovp of potitive X+9/2 vhiy
(%v) € 2" sulvey xt-29%z) @«\’L.:
nfinke nglc'c 9109 ot powured 3+0T,

M= iL) X;‘-Z\g'f-.-., thom. xX¥Y [T 4 %t 0le

el

heve 9e3(x,+").ﬁ')(><u°aﬁ) = oy b0)+ Loy (%49, 7))
= W { Qo&ka-ﬂeﬁ) \x-@zy‘=| } N
gop v £ TG

o o (3+a€) ir leat f_a:/h\f elemat (of /o,r./)
\Nkj 't QOSLX¥‘OF w X920 be ;mQ.L‘, dPW'}'N’.J
Becwma, X-9 T8 < | = Reg (X-02)< o

an bl G from swicestive + o Log (74342). =,
CS,;-{llw:a (P}) KD:}I) oy W0 Ahig cmp)'mw?m i es "v*luhj J%—/




$ Sy 7THE GeNERAL PELL Eavarion @

dhema : Fo Selve x*-nyt = v:e J*M"l?
Z [In]= f"*‘O-f"_'Xnoé?Z]
Q W)= i1x+9w| x,2 e @]}

Ded” ot (x40 ) = x=ny*  Hhinh of

Ve @,
X+4%{n = X='n aleo poraibly !

| Obseevahan: Nofm (%) = 3

- {n 2 2
%-,);i:m 1 3% = (xroln)lx-07) = x*ny?,

—

@ 3w =3w
\ff/lyo wsitin @) riim (BW) = Netm (3) noem (W)

;' W (rg) f;
"C\)/ qb/ e = Q[JA—J (I*v}v{'i'ﬁ"ﬂ:‘:ﬁ‘fl'lm ?r G[edl'i"]r

here

ook : 2 = x*+4%dn W=4f‘l’\m thosns
O rorocl W = (947 J(arb n)

="Xa +nbo + (20 +bx)\n~
= Xea+nby — (649 +bx){n E é
(0% +bx)\n

Iw = 6(—%(5)(&-6{7)= ox +nby #

B nem(aw) = W 3w
IV IV
23 W wW —:Y\olm(?}nb(M(W)_

—
—
—

g—



We seeb A sitve Xz-ﬂ%z:-/
ov er Zz, Thir ament? fee/rlrib
3 Xt Y wilh num(3) =) p

Xt-nyp® = (x+WF)(>r;wE) = )
> %
AR s M (3) = 1.

Com'pou?/an R (Brahm@uph ~ 600 AD)
(%, %), (X%,9,) £olve x*ng°=]
= (X3, 95) Selves X*=n9 7=/ At
X; = X% +n¥%: & 93 =X%9+%9,

Proot-: (%, %,), (X, %) Selve XP-ny?= |
= B =x+94n 1 T =X+ %, [n e
o em ()= and Nerm(B) =), Bt
Notm (%,%’1.) = Norm (3))nerm(32) = 1-1 = L.
Uene By = 3,3, olis wrepmdo + % =x04 17
which aiw.f (.Xal ‘O,) e ,v‘-hﬂ xz-_n\-az. No-l-e/
(xt'“oa ‘F‘)(XZ'MJVT)J: X% *'\91\91(5‘\\)1 X9, {n + WX [n
-_{ X\ X, +N0G, + (X,‘Gﬁ Xz-“a,_) \rrT
AL S R it T
X3 3

4



Rtmwl«: once aa"d;h o-»” J'a/g;c/
Xz-n"bz = | -fluuu -Fwn. -44-\4 P°.fﬁ'f\/<
Fol® X4+ 9{n" whith ¢ :Mﬂedx Twe

™ (1,0 = 1+0{x ferver oo the
mWIHP“cd\\'N 'licn:i"'f‘}u),

gXa.w\PL : Xz"?:"’éa"'-l

Can a«MSJ SMUUHJ' .nlt iy lz,')

G4{T)(2+F) = 43+ 43 =3 +4d3 = (3,9)

(—,_.,.{;)3 = (2+{F)(F+17) = 14+ +18V3 2¢,18)
=26+ 15(%

\NORLDS Cou_\ o e
p *

A DO TN | MvLT I PLIC PETTONY

ﬂo?['z-\-ﬁ)dootbfi)w (a+ﬁ)(2_ﬁ-j= |
%(K#'ﬂﬁ)*ﬁﬂg (K-V@:o{ (X+9{3) (x-4947) = |

——
wh., ks prep. v/‘[é&!.

If Iimg, (X+917) >0 +Fom fog X-93) < ¢
1t (x+wﬁ)>t Moo (k-4 15) < |

Sy ™
pes st mj"h ve

Loy Loy /gfg‘;/(n




